Let G be the group with Borel subgroup B, associated to a Kac-Moody Lie algebra g (with Weyl group W and Cartan subalgebra A). Then H*(G/B) has, among others, four distinguished structures (i) an algebra structure, (it) a distinguished basis, given by the Schubert cells, (iii) a module for W, and (iv) a module for Hecke-type operators A., for w E W.
Section 1
To any (not necessarily symmetrizable) generalized 1 x 1 Cartan matrix A, one associates a Kac-Moody (1, 2) algebra g = g(A) over C and group G = G(A). If A is a classical Cartan matrix, then G is a finite dimensional semisimple algebraic group over C. We refer to this as the finite case. In general, one has subalgebras of g; b C b C p, the Cartan subalgebra, Borel subalgebra, and a parabolic subalgebra, respectively. One also has the corresponding subgroups H C B C P. Let W be the Weyl group associated to (g, b) and let fr,}lsi-q denote the set of simple reflections. The group W operates on A, its dual space b*, the symmetric algebra S = S(b*), and the quotient field Q = Q(t*) of S.
W parameterizes the Schubert cell decomposition of the generalized flag variety GIB = UwEw V,,, ( = Bw-1B/B). A suitable subset W1 C W does the same for GIP.
Our principal concern is the cohomology ring H(G/P). For notational convenience, we restrict our attention to the case when P = B, although many of our results extend to GIP and in fact to arbitrary Schubert varieties C GIP. Let C0 = S/S' be the one-dimensional (over C) S-mnndule, where S' is the augmentation ideal (evaluation at 0 E I) in S. By Proposition 2.7, C0 Os A is clearly an algebra and the action of R on A descends to give an action ofR on CO ®s A.
Also, from Proposition 2.7, the elements ow = 1 ® ew E Co ®s A provide a C-basis. Furthermore, the filtered structure on A (given by the length of w) gives rise to a graded commutative algebra structure on CO ®s A.
But now H(G/B, C) has a C-basis {ew}wEw, which is dual to the homology basis defined by the closure Vw of the Schubert cells V,,w. Furthermore H(G/B) is a module for W and Si (Section 1).
Our next result is the following: In the symmetrizable case Theorem 2.8 admits a proof and an interpretation in the geometrical setting, which we feel worthwhile to elaborate upon. Section 3 In this section, we put symmetrizability assumption on a. Let n be the nil-radical of b.
Let C(n) (resp C(g, t)) denote the co-chain complex, with co-chain map d, associated to the Lie algebra n (resp Lie algebra pair (g, f)) and let End C(n) denote the algebra of all the C-linear maps: CQn) -) C(n) (product coming from composition of maps). Let EndbC(n) be the subspace of b invariants in End CQn). End C(n) inherits, from C(n), a derivation 8, such that 82 = 0.
The map i1 (defined below) is basic for this section. 
